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In his paper [l], J.M. Cohen makes the following 
Conjecture. If zr is a torsion-free group such that r“ is free abelian and X is a 
2-complex with rriX = rr and HzX = 0, then ~zX = 0. 
This conjecture is false. Let 
7r = gp(a, 61a’ = (af#, u’ = b3). 
It is well-known (see, for example, [3, p. 2711) that rr = srlM where M is a closed 
compact 3-manifold and rr is infinite, while r a = 0. Now 7 is not a non-trivial free 
product since it has a non-trivial centre. Therefore, by the Sphere Theorem [2], 
rrzA4 = 0. Now M- e3, where e3 is a 3-cell, is homotopy equivalent o a 2-complex X 
which corresponds to the presentation for 7r given above. It is easy to see that 
rzX = Z7r, while H2X = 0. Note that M is a K(rr, 1) and so r has cohomological 
dimension 3. It follows that rr is torsion-free and we have a counter example to the 
conjecture. 
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